ABSTRACT.
This and get the definition in [7] as a corollary. At the same time that is a version of Lie's theorem for abstract Lie algebras. We also generalize the result in [7] by using similar techniques.
The author is grateful to S. Halperin for some helpful discussions.
2. The radical of a Lie algebra. Let L be a Lie algebra over a field K.
2.1. Definition. An ideal P of L is called primitive if for any ideal I oí L with the property r ' C P it follows that / C P. It is obvious that L itself is a primitive ideal. If P is primitive and / is an ideal of L such that F"' C P for a certain n > 0 then I C P; therefore if P is primitive in L then P contains any 
where the sum is direct (for details see [l] ). Denote by p the projection of L on S. As RL is an ideal then p is a homomorphism. We have P = RL + SP\P and suppose that 7(1) C P, where / is an ideal in L. Then p/(1) = (p/)(1) C S and S is semisimple, hence (p/)(1) = pi. But p/(1) C S O P, whence / C #L + S C\ P = P, and P is primitive. We say that L is simple when L is not commutative and the only ideals of L are 0 and L. Obviously, when L is simple then L is semisimple.
Let lHjaeA be a family of ideals in L. Then by '2a£A Hawe mean the ideal generated in L by the family <ffalae/». Take an x £ I,
then L is semisimple in the sense of Definition 2.8 if and only if it is semisimple as defined in [4] . We recall that an L -algebra is a complex Hubert space which is also a Lie algebra, with the property that for any x e L there is an x* £ L such that ([x, y], z) = (y, [x*, z]), for all y, z £ L (where (x, y) is a scalar product of L). In such an algebra, the Lie product is continuous with respect to the topology of L [4] .
For any set H C L denote by H its closure in the topology of L.
Proof. We use some results in [4] . First, every L -algebra is the direct sum of an abelian ideal and of ideals in L . such that dim /, . = j and define / ,, = <b~ (/. ,) (0 < I < nA.
This method can be continued and we obtain a sequence 1/ ¡ ^ " with the desired 1 n n > 0 properties.
The properties (i), (ii), and (iii) are used in [7] in order to define °°-solvable algebras.
The above theorem shows that it is possible to have a more concise definition.
4. cr-solvable algebras of operators. In this section X will be a fixed complex Banach space and B(X) the algebra of all linear continuous operators on X.
Let L be a cr-solvable Lie algebra and 9 a representation of L in X, i.e.
is a homomorphism of L into B(X).
It is easy to see that (XL) is also a cr- Let L be a complex Lie algebra and 6 a representation of L in the Banach space X. We say that 6 is irreducible [7] A partial answer was given in [7] . We are going to generalize that result and to point out some other remarks. Anyway, we must have dim X = 1 and the proof is complete.
4.6. Corollary [7] . Let L be a o-solvable complex Lie algebra and 6 a representation of L in the Banach space X, such that 6(x) is a scalar genera- (1) 6(x) is decomposable for any x £ X.
(2) The associative algebra with unit generated by 6(L) in B(X) is semisimple.
If 6 is irreducible then dim X = 1.
Proof. Assume L C B\X).
Since the associative algebra generated by L in 
